The last number in the third row is the greatest common divisor of the two last numbers in the first row, and the last number in the second row is their least common multiple. The last number but one in the third row is the greatest common divisor of 3240 and 33750, and 405000 is their least common multiple. The last number but two in the third row is the greatest common divisor of 2700 in the first row and 405000 in the second row, and 405000 a little to the left is the least common multiple of the same numbers. The second number in the third row is the greatest common divisor of 720 and 405000, and 910000 is their least common multiple. The first number in the third row is the greatest common divisor of 480 and 910000, and 1820000 = e 6 is their least common multiple, etc., etc.
M. Stieltjes gives other expressions for the same numbers, for which I refer to his paper. We have now worked our way through the first chapter* with the figure of the great Greek mathematician overshadowing us all the while. The second chapter begins under the auspices of Gauss. * I had no desire to exhaust the subject. The reader will find many propositions which I omitted in Grassmann's Arithmetik and Stieltjes' paper. Holder's lemma can now be proved as follows: Let A and B be maximal self-conjugate subgroups of G, and G be their greatest common subgroup; then 1) Since A and B are self-con jugate under G, they are commutative. The group F= {A, B\ formed by combining the operations of A and B is self-conjugate under G, and consequently is identical with G, since by hypothesis A and B are maximal self-conjugate under G. Also, by the preceding theorem, the index of A under G is equal to that of G under B, the index of B under G equal to that of G under A.
2) Since G is common to A and B, its transform by any operation of G is also common to A and B In like manner the group G \ A is derived from Table ( 2), in each row of which are found the operations of the corresponding row of These relations known, the proof, as given by Hölder,f that the factor-groups are constant for all the series of composition of a group, easily follows by induction.
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